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1. Introduction 
 
Let  be denote the class of all functions ,in the unit disk 

, of the form 

 
which are analytic in the open unite disk 

 and satisfying  . 
  
Also, let  be denote the class of all functions , in the 
unit disk of the form 

 
which are analytic in the open unit disk  
and satisfying 

 
For two functions  and  analytic in , we say that  is 
subordinate to  in ,  
 
Written  or , if there exists a Schwarz 
function  analytic in , with  and  
such that . 
In particular, if the function   is univalent in  then  if 
and only if 

, and .  
A function  is said to be starlike of order  if 

 
Denote this class by . 
A function  is said to be convex of order  , if  

 
Denote this class by  
 
Lemma (1)[1]:. Let  be univalent in the unit disk  and  be 
analytic in domain containing . If 

 
then 

 
and  is the best dominant 
 

Lemma (2) [3]: Let  be convex univalent in the unite disk 
, and let θ be analytic in a domain containing . 

Assume that  

 
 If  is analytic in  with  and , then  

 
 then 

 
and  is the best dominant. 
 
Lemma (3)[3]:Let  be convex univalent in the unit disk 

, and  with 

 
 If  is analytic in  and  

 
then 

 
and  is the best dominant. 
 
2. Main Results 
 
Theorem (1):Let the function be univalent in the unit 
disk , and 

 
is starlike in . If  satisfies the subordination  

 
Then 

 
and  is the best dominant. 
Proof :   Define the function  by 

 
then  
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by setting  ,  it can easily observed that  is 

analytic in . Then we obtain that      and  

 

From  (2.3) , we have 

 
form (2.1) and (2.4), we get   

 
Therefore by Lemma (1), we get  by using (2.2) 
we obtain the result. 
By taking  in the Theorem 
(1), we obtain the following corollary : 
 
Corollary (1): If  satisfies the subordination  

 
Then,  

 
and  is the best dominant. 

By taking  in the Theorem (1), we obtain the 
following corollary : 
Corollary (2) :  If  satisfies the subordination  

 

then  

 
and  is the best dominant. 
 
Theorem (2):Let  be convex univalent in the unit disk  
and . If  satisfies  

 
then   

 
and  is the best dominant.  
 
Proof :    define the function  by  

 
then  
  

 
By setting , it can easily observed 
that  is analytic in . Then we obtain that  

 

 
 

From (2-7) and (2-8), we get  
  

 
From (2.5)   and  (2.9) , we get  
  

 
then by Lemma (2), we get . 
By using (2.6), we obtain the result. 
By taking  in the Theorem (2), we obtain the 
following corollary : 
 

Corollary (3): If  satisfies the subordination 

 
then 

 
and  is the best dominant. 
By taking  in the Theorem (2), we 
obtain the following corollary : 
 
Corollary (4):If  satisfies the subordination  

 

then 

 
 and       is the best dominant. 

Theorem (3):Let the function  be convex univalent in the 
unit disk ,  and assume that  
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If  satisfies the subordination  

 
then  

 
and   is the best dominant . 
 
Proof: Define the function  by 

 
then 

 
It can easily observed that 

 
Then by (2.11) and (2.13), we get  

 
By setting  in Lemma (3), we get  

 
By using (2.12), we obtain the result. 
By taking  in the Theorem 
(3), we obtain the following corollary: 
Corollary (5):Let  and assume that 

 
If  satisfies the subordination  

 
then  

 
and    is the best dominant . 

By taking  in the Theorem (3), we obtain the 
following corollary: 
 
Corollary (6): Let  and assume that 

 
If  satisfies the subordination  

 
then  

 
and    is the best dominant.  
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